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Abstract 

The objective of this paper is to estimate the value of∫
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 where   is convex from above and 
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1. Introduction 

The estimation of the value of on improper in integral is an interesting open problem in mathematical analysis 

[1-3]. 

In the literature, there exists many ways to compute approximations of an improper integral [ 4-5 ]. 

For example, in [ 6 ], we find the formula: 
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Where   isnited define in  [   ]. 

The limitation of the right side is called Cauchy principal value [6], it is denoted by V.P∫  ( )  
 

 
. 

In this work, we get to estimate the value of ∫
 ( )

(   ) 
       

 

  
 by using the modulus of continuity  with 

some strict conditions. 

Main discussion : 

Definition:[1] 

the integral  (   )  ∫
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 is called Caushy integral if    . 

Definition:[ 2] 

The modulus of continuity of a bounded function   on [   ]is defined as follows: 
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Definition: [5] 

Let  be a defined and conditions function an [   ], it is called convex from above if: 
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Theorem 4: 

Let    [    ],  (   ) be the modulus of continuity, then if ∫  ( (   )  )
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Proof. 

Let   [   [, we expand  by Taylor's series as follows: 
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On the other hand, we have: 
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Now, we consider   +  
 

 
*, we have two cases: 

First case: if      , we put: 
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Now, we estimate each term> 
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By substituting  with – , we get: 
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Hence: 
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From the previous discussion, we get: 
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Second case: if      , then: 

∫
 ( )

(   ) 
  

 

  

 ∫
 ( )

(   ) 
  

   

  

 ∫
 ( )      ( )      ( )

(   ) 
  

 

   

 

By  a similar discussion to the first case 
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